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Visual Display and Co-Expressivity as Students
Strive for Intersubjectivity in a Spatial Reasoning Task
Mitchell J. Nathan and Billie Eilam
Objectives and Theoretical Framework
External graphical representations enjoy certain advantages: They tend to reduce memory
load (Chandler & Sweller, 1991; Sweller, 1988), facilitate information processes such as search
and inference making, and allow for inspection and deictic reference (e.g., Ainsworth, 1999;
Larkin & Simon, 1987; Mayer, 1999, 2003; Mayer, Heiser, & Lonn, 2001; Mayer & Moreno,
2000; Tversky, 2001). Because of their external nature, graphical representations can support
cognition, communication, and collaborative problem solving in ways that internal, mental
representations and ephemeral representations such as speech and gesture do not. However,
participants in a discourse that involves these representations must achieve intersubjectivity—a
shared meaning.
Engle (1998) studied the communication between undergraduate dyads about the
workings of a lock-and-key system. She found that explanations included diagrams, objects,
gesture, and speech that were integrated into composite signals rather than independently
interpretable channels. Nonverbal communicative events about the locks tended to occur at the
same time or nearby speech acts and tended to be co-expressive (McNeill, 1997) with
neighboring speech. The composite signal view hinges on two critical assumptions. The first is
that speakers and listeners share a communicative norm (somewhat like Gricean maxims) that
the modalities that make up the composite signals are intended to be taken as unified. Thus, there
should be evidence of co-expressivity for neighboring spoken and nonverbal behavior about the
task. The second assumption is that the speaker is sufficiently skilled to provide the proper
content within each modality (drawing, speech, etc.) so that a composite signal supports a single,
consistent interpretation that matches the speaker’s intention. Engle predicted that when speakers
failed to do this, there would be unsuccessful communication, as evidenced by listener
clarification requests, misunderstandings, and even speaker conversational repairs (Seedhouse,
2004).
In this study, we set out to understand whether and how intersubjectivity is sought when
students in a middle school mathematics classroom all work to solve and discuss a spatial
reasoning task, and what speakers do in response to failures of intersubjectivity. In particular, we
set out to understand how students strive to enhance the fidelity of their communication by using
co-expressive modes of communication and conversational repair, as suggested by Engle (1998).
Data and Methods
Sixth-grade students in a middle-class community engaged in efforts to solve the Pie
Problem as posed by a peer: “How do you cut a pie into eight equal-size pieces making only
three cuts?” Students posed questions, presented drawn solutions, critiqued one another’s
approaches, and actively engaged in a rich discourse aimed at addressing this question. We used
conversation analysis (Schegloff, Jefferson, & Sacks, 1977) to understand the discourse in terms
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of its sequence of turns. The videotaped discourse was divided into three phases that reflected
the different activities that occurred over time. During Phase 1, students worked by themselves to
come up with their own thoughts and solutions. During this time, students generated many
clarification requests and questions regarding the rules (e.g., “How about you take a pie that’s
already cut, like, six times, and you cut it?”), and asked for hints (“Can you give another hint
without giving it totally away, without just saying this is what you do?”). In Phase 2, students
presented their individual solutions to the class using speech, drawings, and gestures. In Phase 3,
students critiqued and edited solutions—using speech, gesture, drawing, erasing, and physical
models—to produce a solution that was meant to be consistent with the rules and convincing to
their peers. Phases were divided into episodes that encompassed the consecutive turns taken as
they referred to a specific solution representation (typically a drawing).
For this paper, we focus our analyses on students’ attempts to achieve intersubjectivity—
a common understanding of a solution to the Pie Problem. We analyzed episodes employing a
coding system that highlighted students’ uses of external representations and speech to convey
their solutions; captured their interpretations of representations; identified uses of co-expressive
communication acts; and signaled attempts, successes, and failures at achieving intersubjectivity.
We used these codes to collect evidence about (a) whether speakers sought to achieve
intersubjectivity in their attempts to communicate solutions that were meaningful and persuasive
to others, (b) how failure to achieve intersubjectivity resulted in misinterpretations or
clarification requests by listeners, (c) how students responded to intersubjectivity failures, and
(d) how co-expressive communication of neighboring communicative acts (speech, drawing, and
gesture) within a given episode were used.
Results and Conclusions
From our analyses, it was clear that the need to achieve intersubjectivity among student
solutions was great. For example, students would seek validation of the accuracy of their
drawings (“What’s wrong with mine?”) even if they had a geometrically legitimate solution.
Students made frequent clarification requests (“I have a question: Is that the top, the top
view of the pie?”), and there were frequent attempts to explain or correct representations by the
original artist or other class peers. However, three major obstacles to achieving intersubjectivity
were evident: literal interpretations of representations, impoverished drawing ability, and the
lack of established conventions for interpreting two-dimensional (2D) drawings of a 3D
situation. In response to each of these obstacles, students tended to redouble their efforts at
representing their solutions, often by providing additional, co-expressive modes of
communication.
It was clear from the discourse that some students took the problem to refer to a literal
pie, whereas others were willing to suspend pragmatic considerations and move on to a more
abstract, geometric interpretation that would apply to any 3D object.
Geometric view:
S: I’ll write there. We’ll just make the pie a square. Here’s the pie with no sides. Now this is the
top view, and you cut it like that. The top view of the pie. This is the side view of the pie, and
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then you cut that in half, so that was . . . and then that equals two pieces with four
[indecipherable] in each of them.

Literal view:
S: Yeah, yeah . . . if you have the top crust and you, like, lift it up, all the stuff’s gonna fall out,
and what if it’s an apple pie. How could you . . .

The literal view made it difficult to establish intersubjectivity with those who had
achieved a geometric view because the literal view challenged a central constraint of the
problem—that the resulting pieces would be equal. Those who saw a real pie did not see equality
among pieces with different kinds of crust and so could not accept the solutions offered by those
who had a geometric view that made no such distinction.
In a similar fashion, some of those with a geometric view had trouble seeing the
differences in crust as important.
S: Well, like, before he was saying, like . . . well, then who’s going to eat a pie with just the
bottom and I mean just the top and I mean this is just the example. It’s just a diagram. I mean
nobody’s just going to come up here and eat the dry erase board.

In an attempt to achieve intersubjectivity, some students tried to articulate the literal view
but reframe the problem in a context (a cake) that allowed the geometric solution to make sense.
S: But if you just make the cut, like, let’s say it’s a cake instead of a pie. Then it doesn’t get the
gooey filling and stuff. So, like, if you cut it in half, you don’t have to separate the two, you just
keep it stacked on top of each other and then you make the . . . two cuts on top

The second and third obstacles to achieving intersubjectivity were the limitation of
students’ drawing abilities and the lack of conventions for interpreting the drawn solution
representations. Drawings and interpretations that violated principles of perspective led to
confusion and misinterpretations of the artist’s intended message. One of the most acute ways
this played out is illustrated in Figure 1. A solution that had only three drawn lines representing
cuts was inaccurately interpreted as producing eight pieces, when the curved, convex edge of the
pie that separated the top from the side was misinterpreted by students (even by the artist!) as
constituting a cut. A student other than the artist is shown counting eight regions as depicting
eight pieces, when in fact there are only six pieces represented. Counting conventions frequently
confounded students. Other students had trouble with the small triangular region in Figure 1 that
resulted from the failure to have all the lines intersect in the middle.
The intended meaning of elements of students’ drawings also led to confusion and lack of
intersubjectivity, as shown in Figure 2. Here, the artist chose to represent the place where cuts
were to be made, but not the resulting slices that would partition the pie. This created confusion
because the top cuts are not shown as extending down through the pie, so not all agreed that this
produced eight equal pieces. Some saw only six pieces.
As further evidence of the importance of intersubjectivity, representations went through
continual refinement to foster greater acceptance among class members, even when they were no
more correct mathematically. The solution offered in Figure 3 was an attempt to move beyond
5
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the limits of the representations shown in Figures 1 and 2. Here, the boy on the right side of the
image showed the resulting pie after three cuts were made. To help clarify what the lines on the
drawing meant, he used speech and gesture as co-expressive modes; his hand was positioned
vertically and moved in a vertical motion to clarify that the vertical line drawn was a slice
resulting from a cut.
S: No No No . . . look, if you cut a piece of pie, see you have a line like that.

Throughout the discussion, students’ talk exhibited this sort of co-expressivity—using
co-incident drawings, speech, and gestures—to enhance the acceptance and interpretability of
their solutions. When students failed to achieve intersubjectivity—as was evident to them by
negative responses, clarification requests, or drawing moves such as adding or removing lines
from others’ representations—they elaborated on their depictions or made representational and
conversational repairs.
Students also expanded the set of representations as the problem of achieving
intersubjectivity among members of the class persisted. In one case, a student used a physical
model (Figure 4) constructed out of paper, with scissor cuts used to represent slices into the pie.
This model allowed the student to convey the 3D nature of the situation in a way that avoided
some of the problems of the drawn representations. However, although the model was helpful for
some students, it was not well designed. Each “layer” was itself made up of folded pieces of
paper, and so it produced more than the eight pieces sought.
Educational and Scientific Importance
We found ample evidence supporting Engle’s (1998) claim that speakers operate with a
communicative norm that their co-incident communication modes be perceived as unified and
used to enhance their communicative fidelity. Neighboring speech acts were co-expressive, and
the integration of multiple modes of a composite communication signal was a common response
to intersubjectivity failures.
In school, students are immersed in represented worlds. Typically, we look at how well
students learn to read and apply conventionalized representations to solve problems. These data
provide insights into how students use invented representations along with speech to
communicate their ideas about a novel problem. The data show the struggles that students have
in conveying their ideas in drawn form and in interpreting the representations of others. Our
student participants apparently believed that 2D drawings and explanations using speech and
gesture would be sufficient to convey their solutions to their peers. They had not expected that
their constructed representations would lead to divergent interpretations. Surprisingly, physical
models emerged as something of a last resort and were rarely used. This finding raises questions
about the nature of students’ understanding and production of graphical representations, and the
beliefs they acquire about formal representations. It is important for students to see drawings as
formal representations in need of conventions and elaborations, rather than as self-evident. It is
also vital that students understand the connections that must be established between stated
problems and solutions, on the one hand, and the world that these representations are intended to
portray, on the other (Palmer, 1978). This aspect of the meta-level of a discussion involving
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representations needs to be instilled so that participants can seek a common set of understandings
and collaboratively engage in productive discourse.
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Figure 1. A student is counting the regions of the drawing rather than the pieces of pie that are
supposed to be represented by the 2D drawing.

Figure 2. This solution representation shows the location of cuts, but not the slices and pieces
that result from the cuts. Some interpreted this as showing only six pieces.
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Figure 3. This refined solution shows the resulting slices, along with a vertical slicing hand
gesture to convey the meaning of the vertical line.

Figure 4. A student shows a physical (paper) model that yields eight pieces after being cut only
three times.
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